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Abstract 

E.K. van Douwen, G.M. Reed, A.W. Roscoe, I.J. Tree in their paper [1] studied so many properties 
of strongly star-compact( strongly- 1-star-compact ) spaces and star-Lindelof( strongly- l-star-Lindelof ) 
spaces. Y. Song studied many more properties of strongly star-Lindelof spaces in his papers [2,3,4]. In 
this paper we will show that there is a topological space which is strongly star-Lindelof but not strongly 
star-compact. 
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Introduction 



For a space A, if A C A and U be a collection of subsets of A, then St(A,U ) = U{(A D U) : U G U}. 
Strongly star-compact and strongly star-Lindelof spaces raised from this star operator. In this paper we are 
to find a space which is strongly star-Lindelof but not strongly star-compact. 



1 Preliminaries 



Definition 1.1. A space X is strongly star-compact [1,4] if for every open cover U of X there exists a 
finite subset A of A such that A = St(A,U). 

Definition 1.2. A space A is strongly star-Lindelof [1,2, 3, 4] if for every open cover U of A there exists 
a countable subset A of A such that A = St(A,U). 



2 A counter example 

From the definition of strongly star-compact and strongly star-Lindelof spaces it is obvious that every strongly 
star-compact space is strongly star-Lindelof. Here we are about to show that every strongly star-Lindelof 
space may not be strongly star-compact. 

Example 2.1. We show that there is a topological space which is strongly star-Lindelof but not 
strongly star-compact. 

Let I={0, 1} |I| = 2, |r| = 2 U =wi. 

Clearly, every element of 1“ has countable number of components. 

Let 

A o = {0 = (0,0,0, )er>, 

A\ = {(ai, d 2 , 03 , ...) € I" : only one of Oj = 1 }, 
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A 2 = {(ai,a 2 ,a 3 , ...) G 1“ : only two of a* = 1}, 



A n = {(ai,a 2 ,a 3 , ...) G : only n number of Oj’s = 1}, 



Let Y = {Ai, A 2 , A 3 , A n , ...} and Z = P(Y). Clearly |Y| = u and \Z\ = w\ (under continuum 
hypothesis ). Let T = {U{A : A G M} : M G Z}. 

Clearly T is a topology on 1“,. Let U be an open cover of PL Then there exists Ui, U 2 ,U 3 , ..., U n , ... G U 
all of which may not be distinct such that A, < [/,; for all iGw. Let V = {A, : i G ui\. 

We take the following elements: 



Po — (0, 0, 0, ) G Ao 

Pi = (1) 0: 0, 0, ) G Al 

P2 = (1) 1; 0, 0, 0, ...) G A 2 



p n = (1, 1, 1, ...., l(upto n-terms), 0, 0, 0, ....) G A„ 



and put F = { P 01 P 11 P 2 , ■■■,Pn, Thus F is a countable set . 

.'. St(F,V) = Ujg w Aj C C I* 1- . But Ujg^Aj = IP 

^ st(F,u) = u ieu Ui = r. 

1“ with the topology mentioned above is a strongly star-Lindelof space. 

Now U = {Ao, Ai, A 2 , ..., A„, ...} is also a open cover of Pb For this cover we can not find a finite set 
E such that St(E,U ) = Pb 1“ with the topology mentioned above is not a strongly star-compact space. 
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